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ABSTRACT Biomedical signals often vary in a complex and irregular manner. Analysis of variability in such signals generally does not
address directly their complexity, and so may miss potentially useful information. We analyze the complexity of heart rate and
beat-to-beat blood pressure using two methods motivated by nonlinear dynamics (chaos theory). A comparison of a group of
healthy elderly subjects with healthy young adults indicates that the complexity of cardiovascular dynamics is reduced with aging.
This suggests that complexity of variability may be a useful physiological marker.
INTRODUCTION
Normal human aging is associated with a progressive
impairment in several physiologic control systems that
interact to maintain cardiovascular homeostasis. Variabil-
ity in heart rate and blood pressure has been used to
study the function of the cardiovascular control system
(1-12). Recently, a general qualitative hypothesis of
variability and pathology has been proposed; the dynam-
ics of the healthy physiological control system produce
an apparently irregular and highly complex type of
variability, whereas disease or aging is often associated
with more regularity and less complexity (13, 14). Chaos
theory provides two methods of quantifying complexity-
entropy and dimension- that can be modified to make
them applicable to systems that may not fit into the
deterministic framework of chaos, i.e., systems that are
genuinely random or that are of such high order that
they cannot be adequately described from available
lengths of data.
In the study reported here, continuous, noninvasive
blood pressure and heart rate were analyzed in 16
healthy young adults and 18 healthy elderly subjects. We
found that the older subjects had a lower complexity in
both heart rate and blood pressure, despite a larger
blood pressure variance. The results support the propo-
sition that increased regularity is associated with aging,
and show that complexity can be measured in a consis-
tent way between individuals.
We collected beat-to-beat systolic blood pressure and
heart rate signals from healthy adults in two groups:
young (age 21-35, mean 28) and elderly (age 62-90,
mean 75), none of whom was taking cardioactive drugs.
Each subject was studied in three different conditions.
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First, while lying in a supine position on a tilt-table, the
subjects breathed along with a metronome signal (0.25
Hz), regulating tidal volume themselves. Next, while
remaining supine, the subjects breathed quietly in a
spontaneous rhythm. Finally, the subjects were inclined
to a 600 head up position and continued to breathe
quietly in a spontaneous rhythm. These three conditions
will be called metronome, quiet, and tilt, respectively.
The heart rate signal was derived from one channel of
a digitized electrocardiogram (ECG). Continuous blood
pressure was measured noninvasively by use of arterial
tonometry applied to the radial artery (15) (CBM 3000;
Colin Electronics; Komaki-City, Aichi, Japan). Both the
ECG and continuous blood pressure signals were sam-
pled at 250 Hz and digitized with 12-bits resolution. A
tachometer (16) was used to generate heart rate and
systolic blood pressure signals sampled at 5 Hz. Care was
taken to minimize the influence of cardiac ectopy on the
heart rate signal.
For each subject, the mean, standard deviation, and
power spectrum of heart rate and systolic blood pressure
were calculated using a 409-s long segment of data. (See
Table 1.) Mean heart rate is similar for old and young,
but the variance is lower for old compared to young (4,
17). Systolic blood pressure is higher in the old group,
and the variance of systolic blood pressure is also
somewhat higher in old compared to young (18).
The shapes of the power spectra of heart rate and
blood pressure also show differences between old and
young. Most notable is the amount of respiratory varia-
tion in heart rate: when supine, young people have
considerably more respiratory variability than old, al-
though this difference largely disappears upon tilting.
This change probably reflects reductions in parasympa-
thetic control of heart rate during tilt, which are propor-
tionally greater in young than old (3, 17).
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TABLE i Group characteristics of heart rate and blood pressure
Metronome Quiet Tilt
old young old young old young
Heart Rate (bpm)
mean 63.2 (8.9) 61.0 (6.4) 60.9 (8.0) 61.1 (6.5) 69.8 (11.0)* 77.8 (9.2)
SD 2.1 (1.0)* 3.4 (1.0) 2.8 (0.8)* 4.1 (1.0)* 3.0 (1.0)* 5.5 (1.8)
resp. var. (%) 22.4 (12.4)* 40.6 (13.2) 13.8 (8.2)* 30.1 (13.0) 12.9 (9.0) 16.3 (8.4)
Systolic Blood Pressure (mmHg)
mean 127 (12)* 117 (17) 132 (21)* 109 (14) 128 (20) 108 (15)
SD 4.3 (2.3) 3.9 (2.5) 5.6 (3.8)* 3.2 (1.3) 6.6 (3.1)* 5.0 (2.7)
resp. var.(%) 14.3 (9.7) 17.7 (14.8) 8.3 (6.2) 12.2 (5.8) 9.2 (4.3)* 17.8 (7.4)
The mean, standard deviation (SD) (that is, the square root of variance), and percentage of total variance in a respiratory band (resp. var.) (0.1 to
0.3 Hz) for the heart rate and blood pressure signals. Shown are the means of these measures for each group with the group SD of the measure in
parentheses. *Indicates that the difference between the old group (n = 18) and young group (n = 16) is significant at thep < 0.02 level using a
two-tailed Student's t-test.
Although differences between old and young are
clearly reflected by these measures of variability in heart
rate and blood pressure, they do not directly address the
complexity of the heart rate and blood pressure signals.
Complexity is a different concept than the amount of
variability as might be measured by the variance of a
signal. For example, two sine waves of different ampli-
tudes might be thought of as equally complex, although
their variances are different.
The theory of chaos can provide a meaningful defini-
tion of complexity and means of quantifying it. One way
to measure complexity is via the dimension of the
dynamical system needed to express the signal. For a
deterministic system the dimension is often interpreted
as the number of dynamic variables in the difference or
differential equations needed to construct a dynamical
system that will reproduce the measured signal, al-
though this interpretation is sometimes problematic.1
From this perspective, a random signal is maximally
complex, with infinite dimension for an infinitely long
signal. A periodic system has dimension one. Another
way to quantify complexity is by entropy, which deals
with the amount of information needed to predict the
future state of the system. Again, more complex dynam-
ics are represented as a larger entropy, and random
noise is maximally complex (19). (For an alternative
perspective, see reference 20a,b and 21.)
Numerical methods exist that allow the dimension
and entropy to be estimated from a time series (22-24).
These algorithms require that signals be measured for
long periods without any change in the parameters of
the system under study. Such signals may not be avail-
able for physiological systems.
'For a system measured after transients have died out, that is, a system
whose trajectory is on an attractor, the dynamical variables related to
transients will not be represented in the dimension.
We have modified the correlation dimension and
Kolmogorov entropy algorithms to generate statistics
that appear to be usable with hundreds of seconds of
heart rate and blood pressure data. These statistics, the
"approximate dimension" and "approximate entropy,"1
lose the property to demonstrate deterministic chaos,
but retain an ability to distinguish data sets by a measure
of complexity. The algorithms can also be applied to
distinguish classes of stochastic processes from one
another. The values obtained from the algorithms should
not be interpreted as estimates of the correlation dimen-
sion or Kolmogorov entropy of the system, but as a
distinct measure of complexity.
Both the approximate entropy and dimension are
derived from the correlation integral C:(r) which is the
number of points in the signal closer than distance r to
the ith point when embedded in an m-dimensional
space. A family of approximate entropy statistics is
defined byApEn (mi r) _ (r) - (m+ (r), where
N-m+1 In Cm(r)
.1N-m+l'
Based on theoretical calculations and a study of neona-
tal heart rate (25) for data sets of 1,000 beats, the choice
of m = 2, r = 0.2 times the signal's standard deviation,
and an embedding lag of approximately one beat (0.8 s)
appears to produce a usefulApEn statistic. These input
parameters were employed in the results reported here.
The approximate dimension is defined as
ln C(rb) -ln C(r.)
Inrb-In r.
where C (r) = ENi9 C0(r). Any two points in the
embedded signal are separated by some distance; we can
speak of a "distance between a pair of points." C (r)
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describes the distribution of distances r between the
-N(N - 1)/2 pairs of points in the embedded signal. ra
is selected as the distance r that only 0.5% of the pairs of
points are closer than. Similarly, rb is the distance that
only 75% of the pairs of points are closer than. This
means C(ra) 0.005 and C(rb) 0.75. Thus, u reflects
the slope of the correlation integral over the lower - 3/4
of its vertical scale. The purpose of selecting rT and rb in
this way is to minimze the effects of external noise in the
signal (noise often manifests itself at small length
scales), and to make the calculations robust to outliers in
the measured signals that would distort the largest
length scales.
For the present study, using one of the studied signals
as an exemplar, we set the embedding dimension tom =
10 with a lag window length of 29 s. For reference, the
characteristic time scale of respiratory variability in
heart rate and blood pressure is typically 4-5 s. The time
scale for sympathetic and thermoregulatory variability is
typically 10-20 s (26).
These methods of calculating the approximate dimen-
sion and entropy are independent of the mean and
variance of the signal, and allow the same range of
dynamical length scales to be considered for all the
signals analyzed. The dimension is often calculated by
others by looking at the slope of the most linear
segments of the correlation integral (27-29). These
techniques involve a means of evaluating a "score" for
each plausible linear segment of the correlation integral
(e.g., the score might be based on the length of the linear
segment and the goodness of fit to a line). The "best"
linear segment is chosen. Whereas these techniques
emphasize the possible existence of strange attractors,
the length scale chosen can depend discontinuously on
the signal because a small change in the signal can
change the relative ranks of the candidate linear seg-
ments and thereby change the calculated dimension
substantially. Because our technique does not examine
the linear scaling of the correlation integral, it is im-
proper to interpret the dimension we calculated as the
dimension of an attractor. Similarly, it would be incor-
rect to infer from our analysis of dimension that an
attractor necessarily exists.
The approximate dimension was lower for the old
group than for the young for both blood pressure and
heart rate for each of the conditions. (See Table 2.) In
four of the six categories, this difference is significant at
the p < 0.02 level. A similar result holds for the
approximate entropy of the signals: the old group has a
smaller mean entropy than the young group. A scatter
plot of the calculated dimensions and entropies for heart
rate and blood pressure during quiet breathing indicates
that the difference between the old and young groups is
TABLE 2 Group means (SD) of the approximate entropy and
dimension of the heart rate and blood pressure signals
Dimension Entropy
state signal old young old young
metro h 3.82 (0.41)* 4.33 (0.31) 0.88 (0.07)* 0.94 (0.04)
bp 3.39 (0.71) 3.70 (0.73) 0.78 (0.14) 0.81 (0.12)
quiet h 3.41 (0.57)* 4.20 (0.53) 0.79 (0.12)* 0.90 (0.04)
bp 3.12 (0.61)* 3.61 (0.46) 0.69 (0.15)* 0.81 (0.10)
tilt h 3.69 (0.70) 3.88 (0.42) 0.84 (0.13) 0.81 (0.07)
bp 3.23 (0.73)* 3.94 (0.43) 0.73 (0.15)* 0.86 (0.06)
*Reports statistical significance; see the caption for Table 1.
not the result of a few outlying individuals but is
representative of the group as a whole. (See Fig. 1.)
To what extent do these differences in complexity
simply restate already known differences in heart rate
and blood pressure variability between old and young?
The approximate dimensions and approximate entro-
pies were calculated in a manner that makes them
completely independent of the mean and variance of the
signal. This independence of the dimension and entropy
from the variance is highlighted by the fact that both
entropy and dimension are lower for the old group than
for the young for both heart rate and blood pressure,
whereas the variance of the old group was less than that
of the young group for heart rate and greater for blood
pressure.
To investigate the role that differences in the respira-
tory component of heart rate and blood pressure play in
the approximate dimension and entropy, we repeated
the calculations on the heart rate and blood pressure
signals after digitally filtering them to pass only their
respiratory-band (0.1-0.3 Hz) components. For blood
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FIGURE 1 A scatter-plot of the approximate dimension and entropy
for each of the subjects during quiet breathing. Each subject is
represented once in each of the two graphs.
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dimension and entropy were lower for the old group
than the young. In four of the six categories, this
difference was significant at the p < 0.02 level. The
dimensions and entropies of the respiratory-band sig-
nals were in every case less for metronome breathing
than for quiet breathing or tilt. This corresponds to the
intuitive notion that breathing to a metronome should
produce simpler patterns than spontaneous breathing.
Because all subjects were either supine or tilted, it
does not appear that the lower complexity for the old
group can be ascribed to different activity levels of the
two groups. As the differences in complexity between
old and young were similar for metronome and quiet
breathing, simple differences in breathing patterns do
not account for the results, which appear to reflect
genuine changes with aging in the physiological control
of the cardiovascular system.
This work was supported by grants to Lewis A. Lipsitz from the
Hebrew Rehabilitation Center for Aged and the National Institute on
Aging Teaching Nursing Home Award (AG04390), to Mark I. Furman
from the Eunice and Julian Cohen Medical Education Fund at the
Brigham and Women's Hospital, and to Ary L. Goldberger from the
G. Harold and Leila Y. Mathers Charitable Foundation, the National
Heart, Lung and Blood Institute (III,42172), Colin Electronics Ltd.,
and the National Aeronautics and Space Administration (NAG-2-
514).
Received for publication 27 August 1990 and in final form 17
December 1990.
REFERENCES
1. Lakatta, E. G. 1980. Age-related alterations in the cardiovascular
response to adrenergic mediated stress. Fed. Proc. 39:3173-3177.
2. O'Brien, I. A. D., P. O'Hare, and R. J. M. Corrall. 1985. Heart rate
variability in healthy subjects; effects of age and the derivation of
normal ranges for tests of autonomic function. Br. Heart J.
55:348-354.
3. Pagani, M., F. Lombardi, S. Guzzetti, 0. Rimoldi, R. Furlan, P.
Pizzinelli, G. Sandrone, G. Malfatto, S. Dell'Orto, E. Piccaluga,
M. Turiel, G. Baselli, S. Cerutti, and A. Malliani. 1986. Power
spectral analysis of heart rate and arterial pressure variabilities
as a marker of sympatho-vagal interaction in man and conscious
dog. Circ. Res. 59:178-193.
4. Lipsitz, L. A., J. Mietus, G. B. Moody, and A. L. Goldberger. 1990.
Spectral characteristics of heart rate variability before and
during postural tilt: relations to aging and risk of syncope.
Circulation. 81:1803-1810.
5. Hrushesky, W. J. M., 0. Schmitt, and V. Gilbertsen. 1984. The
respiratory sinus arrhythmia: a measure of cardiac age. Science
(Wash. DC). 224:1001-1004.
6. Freeman, R. K., and T. J. Garite. 1981. Fetal Heart Rate
Monitoring. Williams & Williams, Baltimore, MD. 7-18.
7. Stambler, B. S., J. P. Morgan, J. Mietus, G. B. Moody, and A. L.
Goldberger. 1991. Cocaine alters heart rate dynamics in the
conscious ferrets. Yale J. Biol. Med. In press.
8. Kleiger, R. E., J. P. Miller, J. T. Bigger Jr., and A. J. Moss. 1987.
Decreased heart rate variability and its association with in-
creased mortality after acute myocardial infraction. Am. J.
Cardiol. 59:256-262.
9. Saul, J. P., Y. Arai, R. D. Berger, L. S. Lilly, W. S. Colucci, and
R. J. Cohen. 1988. Assessment of autonomic regulation in
chronic congestive heart failure by heart rate spectral analysis.
AmJ. Cardiol. 61:1292-1299.
10. Casolo, G., E. Balli, T. Taddei, J. Amuhasi, and G. Cesare. 1989.
Decreased spontaneous heart rate variability in congestive heart
failure. Am. J. Cardiol. 64:1162-1167.
11. Myers, G. A., G. J. Martin, N. M. Magid, P. S. Barnett, J. W.
Shade, J. S. Weiss, M. Lesch, and D. H. Singer. 1986. Power
spectral analysis of heart rate variability in sudden cardiac
death: comparison to other methods. IEEE (Inst. Electr. Elec-
tron. Eng.) Trans. Biomed. Eng. 33:1149-1156.
12. Goldberger, A. L., D. R. Rigney, J. Mietus, E. M. Antman, and S.
Greenwald. 1988. Nonlinear dynamics in sudden cardiac death
syndrome: heart rate oscillations and bifurcations. Experientia
(Basel). 44:983-987.
13. Goldberger, A. L., L. J. Findley, M. R. Blackburn, and A. J.
Mandell. 1984. Nonlinear dynamics of heart failure: implications
of long-wavelength cardiopulmonary oscillations. Am. Heart J.
107:612-615.
14. Goldberger, A. L., and B. J. West. 1987. Chaos in physiology:
health or disease? In Chaos in Biological Systems. H. Degn,
A. V. Holden, L. F. Olsen, editors. Plenum Publishing Corp.,
New York. 1-3.
15. Drzewiecki, G. M., J. Melbin, and A. Noordergraaf. 1983. Arterial
tonometry: review and analysis. J. Biomech. 16:141-152.
16. Berger, R. D., S. Akselrod, D. Gordon, and R. J. Cohen. 1986. An
efficient algorithm for spectral analysis of heart rate variability.
IEEE (Inst. Electr. Electron. Eng.) Trans. Biom. Eng. BME-33:900-
904.
17. Lipsitz, L. A. 1989. Altered blood pressure homeostasis in ad-
vanced age: clinical and research implications. J. Gerontol.
44:M179-M183.
18. Mancia, G., A. Ferrari, L. Gregorini, G. Pomidossi, G. Bertinieri,
G. Grassi, and A. Zanchetti. 1980. Inverse relationship between
heart rate and blood pressure variabilities in rats. Clin. Sci.
(Lond.). 59:401s-404s.
19. Shannon, C. E. 1963. The Mathematical Theory of Communica-
tion. University of Illinois Press, Champaign, IL. 125 pp.
20a. Grassberger, P. 1986. Toward a quantitative theory of self-
generated complexity. Int. J. ofPhys. 25:907-938.
20b. Grassberger, P. 1988. In Measures of Complexity. L. Peliti and A.
Vulpiani editors. Springer-Verlag, Heidelberg, FRG. Vol. 314.
21. D'Alessandro, G., and A. Politi. 1990. Hierarchical approach to
complexity with applications to dynamical systems. Phys. Rev.
Lett. 64:1609-1612.
22. Grassberger, P., and I. Procaccia. 1983. Measuring the strangeness
of strange attractors. Physica. 9D:189-208.
23. Grassberger, P., and I. Procaccia. 1984. Estimation of the Kolmog-
orov entropy from a chaotic signal. Phys. Rev. A28:2591-2593.
24. Eckmann, J. P., and D. Ruelle. 1985. Ergodic theory of chaos and
strange attractors. Rev. Mod. Phys. 57:617.
948 Biophysical Journal Volume 59 April 1991
25. Pincus, S. M., I. M. Gladstone, and R. A. Ehrenkranz. A regularity
statistic for medical data analysis. J. Clin. Monitoring. In press.
26. Akselrod, S., D. Gordon, F. A. Ubel, D. C. Shannon, A. C. Barger,
and R. J. Cohen. 1981. Power spectrum analysis of heart rate
fluctuation: a quantitative probe of beat-to-beat cardiovascular
control. Science (Wash. DC). 213:220.
27. Mayer-Kress, G., F. Yates, L. Benton, M. Keidel, W. Tirsch, S.
Poppl, and K. Geist. 1988. Dimensional analysis of nonlinear
oscillations in brain, heart, and muscle. Math. Biosci. 90:155-
182.
28. Rapp, P. E., T. R. Bashore, P. J. Martinerie, A. M. Albano, I. D.
Zimmerman, and A. I. Mees. 1989. Dynamics of Brain Electrical
Activity. Brain Topogr. 2:99-118.
29. Babloyantz, A., and A. Destexhe. 1986. Low-dimensional chaos in
an instance of epilepsy. Proc. Natl. Acad. Sci. USA. 83:3513-
3517.
Kaplan et al. Complexity of Cardiovascular Dynamics 949
